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Oépa 2. Eotwo f:R* = R e f(0,0) =0 xa f(z,y) = w av (z,y) # (0,0).

(o) (1 pov.) Aci&te, ue yprion tou opioyol TnNg xaTd xocrsx()ﬁuv%ng TRy WYOU, OTL 1) f €yel
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(1) (0,5 wov.) E&etdote av n f eivon ouveyric oo (0,0).

(2) (0,5 pov.) Beeite tc f,(0,0) xon f,(0,0).

(3) (1 pov.) EZetdote av 1 f ebvan mopaywyiown oo (0,0).

Oépa 3. 'Eoto f:R? = R pe f(0,0) =0 xa f(x,y) = av (z,y) # (0,0).
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Oépa 4. (1) Eotww f: R* = R, C*ocuvdptnon o wote fr + f, = 0.
(o) (0,5 wov.) Aci&te 6Tt for = fiy-
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(2) (1 wov.) Meketfiote W pog To Tomxd axpdrato T ouvdptnon f(x,y) = 2 — zy + y.
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Oépa 5. (1) (1 pov.) Eoto f: R* = R C*ouvdptnon. Av f(0,0) = f,.(0,0) = f,(0,0) =0
xot f22(0,0) = f,,,(0,0) = 2 e€etdote av undpyel 0 HpLo

f(z,y)
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(Trédarén: Mnogeite va Véoete b = f,,(0,0) xou va Stoxpivete dVo mepintwoelg b = 0 xou b # 0)
(2) (1 pov.) Acifte 6t n eliowon z%e¥ + 22 +y — 1 = 0 opilel temheyuéva oe o neployn
tou onueiou (0, 1) wa povadny tapaywylown ouvdetnon y = f(z). Beeite tov tino e f/(x)
xou Oet&te 6Tl N f €yel oAb péyioto 610 T = 0.
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(2) Eotww F(x,y) = 2%eV+22+y—1. Eyoupe F(0,1) =0, F.(z,y) = 2ze¥ 4+ 2z = 2x(e¥ + 1)
xau Fy(z,y) = 2?e¥ + 1. Buvende n F ebvon C1 xow F(0,1) = 1 # 0. And 10 Ocdpnuo twv
Hemheyuévwy cuvapthioewy 1 eiowon F(z,y) = 0 optlet memheypéva oe yio TEpLOY 1) Tou onueiou
(0,1) wwor povader| moparywyiown ouvdetnon y = f(x). Anladn undpyouv avoixtd diootidata 1
xou J pe wévtpa ta onuela 2o = 0 xou yo = 1 xou o CF ouvdptnon f : I — J pe f(0) =1 xou
o Hdote av (z,y) € I x J 161

F(z,y) =0y = f(z).
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v xde x € 1. Luvenwg, f/(0) =0. Apa, av x € I xu z <0 (avt. z > 0) téte f'(x) > 0 (ovt.
f'(z) < 0) xaw ouvende 1 f etvon yvnoine adlouvoa aplotepd tou 0 xar yvnolwe @divouoo Seid
Tou 0. Apa 1 f €yel ohxd péyioto 610 79 = 0.



