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"Aoxnon 1. Acigte 6t sinh(z £+ y) = sinhz coshy &+ cosh z sinh y, vy xdde z,y € R.
AOon. 'Eyouue
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Eniong,

sinh(z — y) = sinh(z + (—y)) = sinh z cosh(—y) + cosh z sinh(—y) = sinhz coshy — coshz sinhy

‘Aoxnon 2. Aci€te 61t lim tanhzx = —1xa lim tanhz = +1.
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‘Aoxnorn 3. Aci&te 6T cos | arcsin =)=z
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AVon. 'Eotw 0 = arcsin ) Téte 0 € [—5,5} = cosf > 0 xou sinf = —% Onéte cosf =

V1 —sin?0 = 4/5.
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‘Aocxnon 4. Beeite 10 sin | arccos 5)

A¥om. Eotw y = arccos(3/5). Téte y € [0, 7] xou cosy = 3/5. Apa siny = /1 — cos?y = 4/5. Ondre
sin (arccos(3/5)) = siny = 4/5.
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"Aoxnorn 5. Beelte 10 tan <arcsin 13)

AvVor. Eotw y = arcsin(12/13). Téte y € [—g, %} wou siny = 12/13. "Apa cosy = /1 —sin’y = 5/13.
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"Aoxnorn 6. Aci&te 6t av x # 0 té1e
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AVor. B deloupe tny nepintwon énou z > 0 (H nepintwon & < 0 avtetonileton avdhoya). Apxel vo
de{oupe 6L 1 cLVdPTNON
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f(z) = arctanz + arctan —, = >0
x

elvon otadept| xau {on pe m/2. Eyovue
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nou onpabver 6t ) f(x), z > 0 ebvan otadepr| ouvdptnor. Enedr
f(1) = arctan1 + arctan 1 = 2arctan 1 = 2% = g
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éneton 6t f(z) = f(1) = 7/2 dnhod) arctan x + arctan o= g

"Aoxnomn 7. Beeite to nohudvupo Taylor To(z), e ouvdptnone f(x) = e” coshz 18&ne n = 2 e xévtpo 10
a=0.

AvVom. Eyoupe f(0) =1, f/(x) = e coshz + e” sinhz = e®(coshz +sinhx) = ¥ - e* = ?* = f/(0) = 1,
f(z) = 2e** = f"(0) = 2. "Apa
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Tg(:c):1+ﬁx—|—§a:2:1+x+x2.

"Aoxrnon 8. Anodeilte 6t v xdde x € [—1,1],
arccos x + arcsinx = g (1)
AVoT. Bewpolye Ty ouvdptnon F(x) = arccosx + arcsinz, @ € [—1,1]. T xdde x € (—1,1) éyouue
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And yvwo ] ouvénelo tou Oewpruoatoc Méone Twre énetan 6tL 1 F' elvon otodepr). Enedn

F'(z) = (arccos x + arcsinz)’ = (arccosx)’ + (arcsinz)’ =

F(0) = arccos 0 + arcsin0 = g +0= g

™
éneton 6t F(z) = 5 T xde z € [—1,1].
"Apa, arccos x + arcsinz = g, v xéde x € [—1,1].

"Aocxnomn 9. (o) Bpelte tov tOno tou moluwviuou Taylor tne ouvdptnone f(xr) = cosha wdéne n = 4 ye
xévtpo 10 a = 0.
(B) Beeite tov tUno Tou tohuwvigou Taylor tne cuvdptnone f(z) = sinhx t8&nc n = 5 pe xévtpo 10 a = 0.

AVom. Eyoupe coshx = +T xou dpa f(x) = % = sinhz, f’(x) = %
O (z) = ez_;ﬂ = sinhz xa fW(z) = % = coshz. Yuvende, f(0) = f7(0) = f@(0) = 1, xou

F1(0) = f@(0) = 0. ‘Apt

= coshz,
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- 220
Ton(z) =14 = + — 4"
(@) =1+ 57+ p+ o+ )l



(B) Avéhoya Bpioxoupe 6Tt
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Tevixd v xéde n > 0, Top11 = Tonto xou
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"Aoxrnon 10. (o) Beeite to nohumvupo Taylor Tg(x) tédEne n = 6 e xévipo 10 a = 0 g cUVEPTNOTC

(B) Avixadiotdvioc oto Te(x) o = pe 10 22 Ppelte o mtohukdvugo Taylor t6€nc n = 12 pe xévtpo o0

a = 0 tng ouvdptnorng .
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(v) Beeite to nohumvupo Taylor tédEne n = 13 ye xévipo 10 a = 0 tnc cuvdptnone arcsin x.
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(v) Enewdy (arcsinz) = 1 Topdywyoc Tou Tohuwviuou Taylor tééne n tne cuvdptnone g(z) =

1
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arcsin x eivat to Tohudvupo Taylor téénc n — 1 tnc ouvdptnone ¢'(x) = ——— (Belte xou oyetxr doxno

wo Tay n Y etnone g'(x) m( etV doxnon
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