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Aoxnon 1. Bpeite ta e€fjc aoprota oAokAnphpaTa:
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Adon.
To moAvdvopo x2 + 22 — 3 éyer Vo mpaypatikés pilec, Tic x = 1 kou z = —3, emopévog x2 + 2z — 3 =
(z — 1)(x + 3). Avadoope to kKAGopa 1/(z% + 2z — 3) oe mo anhd KAGopaTA:
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‘Eyoope A(x +3) + B(x — 1) = Az +3A+ Bx — B = (A + B)x + 3A — B. IIpok0Ontel TO 6OOTNHA
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Avoivovope To televtaio KAGOHA,
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Acknon 2. Bpeite ta €€fG aOp1oTA OAOKAN POUAT:
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I = - d I = _— I3 = —_— dx.
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Adon.
‘Exovope

Epappoloope tny avtikatdotaon u = x/2 ko €yoope dr = 2du. Ondte
1 1 1 1 1
L = 4./u2+1 -2du = 2~/u2+1du:arctan(u)+c:2-arctan(m/2)+c.
2y 0A10. XTO T10 TAV® OAOKANpOHX (OTWS Kol XpKETE eMOpPEVR) B HTOPODCUE VX EPAPHOCOVIE KATED-

Osiav Tov TORTO
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- dxr = — - arctan <7> +c
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2y eTIK& e TO OeVTEPO OAOKAT PO,

omov a # 0.
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E@appolovpe TNy avtikatdotaon u = /3 kot éxoope dr = 1/v/3du. Onote
1 1 1 V3 V3
L= ———dzx= . — du = ~= - arctan(u) 4+ ¢ = — - arctan(v/3z) + c.
’ /(\/gx)2+l /u2+1 V3 3 (u) 3 (V3z)
TéLOG 0TO TPITO OAOKANPOLA TOPATNPODHE aApYIKA OTL 1] Slkpivovox Tov TpiwVdpoL 2 — 4 + 7 eivon

APVNTIK], EXOPEVOC PTOPODE VL TO PéPovpe oT1 popeh (ax — b)? + ¢ f mo anhé (z — b)? + ¢ yari o
ouvtelesTi|c TOL peyiotofabpiov dpov eivar n povdda. ‘Eyovpe

2 —dr+T7=2>-2-2-24+224+3=(2—2)*+3.

Eropévog
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V3
ko éyoope dr = v/3du. Apa
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Egappolovpe tnv avtikatdotaon u =

Aoxnon 3. Bpeite ta e€Ng adP1oTA OMOKAN pOHOTA:
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I= [ ———7—d J=[| ————— dz.
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270 TPOTO OALOKAPOUX TpaTNPOOE OTL TO TPIOVORO 22 + 22 + 2 £yet apunTikA Slakpivovsa kot Tt

P42 +2=0’ 420 +1+1=(x+1)% 4 1.
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Egappolovpe tnv avtikatdotoon u = (z + 1)? onéte du = 2(x + 1)dz. Enopévag

AdYon.
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Y10 5edTEPO OAOKApOHX PAETODLE TGAL OTL ) S1akpivovca Tov TprwrdpoL 422 + 4 + 10 eivon apunTikh
KO TOG
4o + 42 +10=(22)2 +2-224+1+9= (22 + 1) +09.
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ZopPorilovpe Ta mo TGV oAoKANpOpaTY pEe J1 kot Jo avticTorya Kot £Yovpe

1
) JZQ'(JHrJz)
YroloyiCoope To k&Be éva oAoKkAMpop Eexmp1oTd. 0 J1 epappolovpe TNy avtikatdotach u = (22+1)2,
omote du = 2(2z + 1) - 2dx = 4(2z + 1)dz. Emopévag

Apa
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YnoloyiCoope to Ja,
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E@appolovpe TNy avtikatdotacn u = Ko Eyoope du = gd:c N a g dx = Qdu. Apa
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Aoxnon 4. Bpeite 10 ad6pioto oAokAfpopa

1
I = dx.
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Avon.
Apyikd avaldoope To kKAGopa. Eneidh n Siokpivovsa Tov moAvardpov 2 + = + 1 eivon apuntiki £yovpe
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Metd and npdEeig Ppiokoope C =2/7, B = —1/Txou A = 1/7. Apa
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Yoppoirifovpe ta Televtaio dVO orokAnpopata pe 1 kKo Io avticTolya, £T1 TOL
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‘Exoope
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Xyetikd pe to Iy €yovpe
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Yopporilovpe T TehevTaio 500 ohokAnpopata pe I3 ko Iy avtiotoya, étol oo Io = I3 — (5/2) - Iy.
" Tov LIOAOYIGHO ToL I3 eappolovpe Ty avtikatdotaon u = (z + 1/2)? ondte du = 2(x + 1/2)dx.
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INa to I éyovpe
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Me avtikatdotaocn u = ﬁ-(x+1/2) npokodnTel du = %daz KOt apat
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