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Acknon 1. Beelte ta €616 010ELGTA OAOKANQWDWLOLTOL:

1 T
_/$2+2$—3dx J_/($+1)(95—2) o

Avon.
To ToAv@OVLRO 22 422 —3 €yeL 80 TEAYULATIKES ITeg, TG = = 1 KoL & = —3, ETTOUEVRG 22 +21 —3 =
(x — 1)(z + 3). Avaldouue to kAdowa 1/(z? + 22 — 3) oe 0 AITAd KAdGUOTOL:
1 B 1 _ A B _A@+3)+B@E-1
2+2r-3 (zr—1)(z+3) -1 2+3  (z—1)(z+3)

‘Exovue A(z+3)+ B(z—1) = Ax+3A+ Bx — B = (A+ B)z + 3A — B. IIpokUTtel T0 gvGTRUO
EELOWTEDV

A+B=0
3A—-B=1.
Tote B = —A ko
3A—(—A):1<:>4A:1<:>A:%.
Apa
1 1111
22422 -3 4 xz—1 4 z+3
ZUVETIOG
1 1
I—4‘/$_1 - = /dx— ln|x—1|—1~ln]x+3]+c.

Y10 8e0TeQ0 OAOKANQEMUA O TTOROVOULGTAS EIVOL TTARAYOVTOTIONUEVOS. ATIAAElPOVUE TOV = OTTO
Tov ouiunti ye Tov €Eng amAd TeoTo,
z _ z+1 1 1 1

(z+D)(xz—-2) (@+1)(z-2) (@+1)(z-2) z-2 (x+D)(x-2)"

Avaldovue To televTalo kKAAGUa,

1 I B
(x+1)(z—-2) 3 z+1 3 z-2°

Apa
x 1 1 1 2 1 1 1
3

1 1
(:c+1)(x—2)_a:—2+§'a;+1_§.x—2

KOl GUVETTWG

2 1 1 1 2 1
J:-/ dx—i—g-/m_i_ldx:3-ln|x—2]+3-ln]a:+1]+c.




Acknon 2. Beelte ta €EG 00ELGTA OAOKANQMOULATOL:

1 1 1
I = d L= — Is= | ———— dx.
! /x2+4 o 2 /3:1324—1 3 /m2—4x—|—7 o

11 1
r2+4 4 (z/2)2+1°

Advon.
"Exouvue

Epapuocovue tnv avikatdotacn u = x/2 ko €xovue dr = 2du. OToTE
L :1-/1-2 du = 1-/1 du:arctan(u)+c:}-arctan(m/Q)—i—c.
4 ) w?+1 2 ) ur+1 2
TyO6AM0. XTO TO TAVED OAOKAMQE®UA (OTTMS KAl AEKETA £Ttoueva) Jda LITOQOVGALE VO EQAQUO-
govue katevdelav Tov TUITO

/ 1 1 T
———— dx = — - arctan (—) +c
2 + a? a a

o010V a # 0.
Yyetikd ue 1o 5e0TEQO OAOKARQWUA,
11
322 +1  (VBz)24+1
Egpapuétovue thv aviikatdetacn u = v/3x ko éxovue dr = 1/v/3du. Omdte

1 1 1 V3 V3
L= [ ——F+— da::/- du = ~~ - arctan(u) + ¢ = ~— - arctan(v/3z) + c.
? /(\/gx)Q—i—l uw2+1 3 3 (u) 3 (V3z)
TéAog GTO TEITO OAOKARQWUO TTOEATREOVUE aEXkA OTL n Slakpivouca Tov TELwVOWOL =2 — 4z + 7
lval QEVITIKA, ETTOUEV®S LITOQOVUE VOL TO PEQOVUE GTN Lo (az—b)2+c2 A 7110 aTtAd (z—b)2+c2
yliatt 0 GuvteAeGTNG TOL ueyigtofaduiov dpov etvan n wovdada. "Exovue

2 —dx+7=2>-2-2-24+422+3=(x—-2)>+3.

Emouévmg

1 1 1
L= ——dz==-- [ ———— du.
3 /(x2)2+3 T3 /<x2>2 , !
Jr
V3
ko éyovue dr = v/3du. Aga

E@apudtovue tnv avtikatdoToon u =

V3
1 1 3 3 -2
13:3-/u2+1~\/§du:\g-arctan(u)qtc:\g-arctan(:i/g>+c.

Acknon 3. Beelte Ta €§AC 0lOELGTA OAOKANQMOULATOL:
z+1 x+5
I=| " dr J= [ —""2 4
/x2+2x+2 o /4x2+4x+10 o

IT0 TEWOTO OAOKARQ®WUWO, TTOQOTREOVUE OTL TO TELOVURO 22 + 2z + 2 €yel aEVNTIKA Slakeivouca
Ko 0Tl

Avon.

42 +2=0? 420 +1+1=(z+1)*+1.

1
]:/H d.
(x+1)2+1

Emouévwg




Egpapudétovue tnv avikatdotaon u = (x + 1)? owdte du = 2(x + 1)dz. Emtouévmg

1 1 1 1 1
1:2-/u+1 du:5-1n|u—|—1]+c:§-ln((w—|—1)2—|—1)+c:i-ln(x2—|—2m+2)—|—c.

Y10 8eUTepo OAoKAREwWa BAETTOUUE TTAA OTL N SLakEivouGa Tov TELWVVUOL 422 + 4x + 10 elvon
OQVITIKA KOl TG

4o® +4x+10= (22)* +2-22+1+9= (22 +1)* +09.
Apa

T+5 1/ 2x + 10 1 / 20 +14+9
( dzr

/(2x+1)2—|—9 Ty Crr1210 T2 ) Gz 1249

_ L /de 1 /9dx
2 ) Qe +1)249 2 (2z+1)24+9
Yvufolicovye Ta O TAVED OAOKANQOUATO Ue Ji Kol Jo avtioTolxa Kol £Xouue

W =35 (i)

YitoAoylcovue To kA¥e €va OAOKAMQOUA EEXWELGTA. XTO J1 €QOAQUOCOVUE TNV OVTIKATAGTAGN
u = (2z 4+ 1)2, omdte du = 2(2x + 1) - 2dx = 4(2z + 1)dz. Emouévag

21 + 1 1 1 1 1 )
So= [ T gp= du=- Infu+9+e=>-n((2z+1)2+9) +cr.
L /(2m+1)2+9 YT /u+9 w=g-nfutdite =@+ 1749 +a

YitoAoylcovue to Jo,

3

9 1

J = _— = d

2 /(2x+1)2+9 /<2x+1)2 v
+1

. . 1 . 2., , 3.,
E@aguotouvye tnv aviikatdetocn u = Kol €xovue du = gda: N aAMog dx = §du. ‘Apa

1 2 1
Jy = / g du = g -arctan(u) + co = ; -arctan ( x;— > + co.

w2+ 1
L arctan 2z 41 +
22 3 ¢

Ao v (??) mEOKVTTTEL
1
1 3 2 1
=3 -ln(4x2+4x+10)+4-arctan< z; > +ec.
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Acknon 4. Bpelte 10 a0QLGTO OAOKANQ®WLO

1
1= dx.
/(x+3)(x2+x+1) v

Avon.

Apykd avalvovue to kKAdoua. Emedn n Staxkpivovca tov molvwviuou x2 + x + 1 elvor apvntiki
Exouue
1 A Bx+C

C13)@ratl) 243 Zratl




Metd amd medéges Bolokovue C'=2/7, B=—1/7 kaw A =1/7. Apa
1 111z
(z+3)(a2+x+1) 7 a+3 7 24+z+1
YvufoAicovue pe I To avtioTolyo aoELeTto oAokAnpmua. Tote

1 1 1 T — 2
I==. R I
7 /9@4—3 YTy /:L‘2+:U+1 v

YvupoAicovue ta Tedevtala S0 oAokAnpouata ue I; ko Iy avtioTowya, £T6L ToU

1 1
I==.1,— =D,
7 P72

"Exouvue
1
Il:/m dl’:ln‘$+3‘+61

YxeTikd ue to Iy €xouvue

1 (1\* 3
x2+$+1:x2+2-x-2+(2> +Z=(x+1/2)2+3/4.

Apa

B -2 B v+ 1/2 5 1
12_/(x+1/2)2+3/4 dm_/(w+1/2) ey 2'/(x+1/2)2+3/4 de.

YvupoAicovue Ta TeAevtaia dVo oAokAnpwuata pe Is kow Iy avticToya, €16t wov Iy = I3 —
(5/2) - I;. T Tov vIoAoyoud Tov I3 epapudlovue TV avtkatdetoon u = (r + 1/2)? omdte
du =2(x + 1/2)dz. Aga

1 1

1 1 1

INa to Iy €rovue

I4:/(:r+1/21)2+3/4 dx:% /( : -

(m+1/2)>2 1

Sl

Me avtikardotacn u = - (x +1/2) meokvTtel du = — da: KOl dQOL

4 \/3 1
3 2 u? +1

2v/3 2 2v/3 <2m+1)
= —arctan| —-(x+1/2) ) +¢c3 = — - arctan + c3.

Sl
<

2v3
I, = u = \?)f arctan(u) + ¢

KataAnyouue

1 2 1
Igng—2-14:2~ln(x2+:c+1)—5\3/§~arctan( x\/_g >+C4

Ko

[

1
J=—-.I,—=-1
7 LT

1 2 1
== ln]a:—|—3]—— In(z? +x+1)+52\{§ arctan <x+ >+c
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