Quicksort

AidaokovTec: Ap. MayoupTlng, A. DWTAKNG,
A. ZouAiou, NMav. FpovTac

EnipeAeia diapaveiwv: A. D@WTAKNG

>x0oAn HAekTpoAOYwV MnXxavikwyv
Kal Mnxavikwv YAoAoyioTwV

EBvikO MeTooBio MoAuTexveio




Quicksort [Hoare, 621

ll

>ToIXEio dlaxwplopou (pivot), n.x. npwTO, TUXAIO, ...

0 Avadiata&én kal diaipecn €10000U O dUO UNO-aKoAouBiec:

B >TOIXEId aplOTEPNC UNO-AKOA. < OTOIXEIO OIaXWPIOUOU.
B >ToIxeia O€€iac uno-akoA. > OTOoIXEIO dIaXWPIOHOU.

[l

Ta&ivounon uno-akoAouBiwv avadpopika.
AkoAouBia Ta&ivounuevn - oyl cuvBeon!
quickSort(int A[], int left, int right) {

]

if (left >= right) return; // At most 1 element
q = partition(A, left, right);

quickSort (A, left, q);

quickSort (A, g+l, right); }
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Alaipeon

0 >Toixeio diaxwpiopou (pivot), n.x. npwTo, TUXAIO, ...
0 Aigipeon o€ eva nepacua :
B >dapwon ano apiotepda (Pe deikTn /) pexpl A[i] > pivot.
B >dapwon ano og€ia (pe deiktn j) pexpt A[j] < pivot.
B Av Oev €xouv e€sTaoTei OAa Ta oToixeia (i < j):
avTigerabeon(Af[i] , A[j]) kal ouvexeia.
B Av £xouv €€eTaoTei OAa: gnioTpo®n opiou diaxwplouoU

(deikTn J).
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Alaipeon

partition(int A[], int left, int right) {
int pivot = A[left], i = left - 1, j = right + 1;
while (1) {
while (A[++i] < pivot) ;
while (A[--j] > pivot) ;
if (i < j) swap(A[i], A[]]);

else return(j); } }
1319 9 5 12 8 7 4 11 2 6 21
B J 7 J J

2toryeio olympiouoo : 13
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Alaipeon

partition(int A[], int left, int right) ({
int pivot = A[left]; i = left - 1; j = right + 1;
while (1) {
while (A[++i] < pivot) ;
while (A[--j] > pivot) ;
if (i < j) swap(A[il, A[j]):
else return(j); } }

S|18|6)12(19|123|17|10

21oryeio olympisuov : 10
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AvaAuon Alaxwpioyou

0 OpBoTnTa partition :

B AldTnpei KAl ENEKTEIVEI apIOTEPN NEPIOXN ME OTOIXEIa < pivot
kKal 0€€1a neploxn HE oTolixeia = pivot.
A[i] > pivot : enekTacn aplioTepnC NeploxXnc oTapaTa.
A[j] < pivot : enektaon d€€iac nepioxnc orapard.
—EVEC NEPIOXEC : AVTIMETABEON OTOIXEIWV KAl OUVEXELD.
EnikaAuyn : oAokAnpwaon diaipeonc.
TeAIka Ta oToIXEia aploTepa < pivot kal Ta oTolIxEia
0e€Ia > pivot, Onwc¢ anaiTeital.
O KaBe nepioxn > 1 oroixeio. Quicksort repuartilel.

(1 < onueio diaxwpiopou <n - 1)
B AnapaitnTa: i Kal j orapgaTtouv oTo pivot.
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AvaAuon Alaxwpioyou

[0 Xpovocg ekTeAeonc partition :
B KdaBe oToIXEio ouykpiveTal Pe pivot pia gpopa
(EKTOC anO OTOIXEIa eKATEPWOEV ONUEIOU XWPIOUOU).
B TeAIka / Kal J «O€iXvouVv» €ITE YEITOVIKEC €iTE 010 Beon
yiaTi onou nepace 1o i Ogv ouveyilel J.

B Xpovoc ekTeAeonc partition yia n oToixeia = O(n).
0 MeTta Tov d1axwpiopo, oToixeia 0ev aAAalouv «nAsupa»
(ONA. apioTeEpa pevouv apioTepd, 0€ia pevouv Oekia).
0 Ynapyxouv NoAAEC AAAeC poppec dlaipeonc, n.X. pivot
naipvel TeAikn Tou B€on oTov nivaka, diaipeon oTa Tpia, ...
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Napadeiypa Quicksort
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OpBoTnTa Quicksort

0 >uvenela opbotnTtacg partition :
B TeppaTiopoc : peyeboc uno-akoAoubiwv < n - 1.
B Ta&vounon :
O ApioTepa oToixeia < pivot < d€€ia oToixeia.

O Enaywyikd, apioTepn nepioxn kai 0e€ia nepioxn
Ta&IVOUNMUEVEC.

O >uvoAika, nivakac Ta&ivounuevoc.
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Xpovoc EkteAeonc (x.n.)

O Xpovoc ekTeA. avadpouikwyv aAy. Je diaTunwon Kal Auon
avadpopikne eEiowaonc.
0 Xpovoc ekteAeonc partition(n oroixeia) : ©(n)
O T(n) : xpovoc (x.n.) yia Ta&ivounaon n GTOoIXEIWV.
B O(n) : avadiata&n kai diaipeon €106d0uU.
B T(k) : Ta&vounon apiotepou TuRHaTog (k oToixeia).
B T(n- k) : Ta&ivounon o0€€lou TuNuartoc (n — k oToixeia).
T(n) =0O(n) + max {T(k)+T(n—k)}, T(1)=0(1)

1<k<n-—1
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Xpovoc EkteAeonc (x.n.)

T(n)=0Mn)+ max {T(k)+Tn—-k)}, T(1)=0(1)

1<k<n—1

O XelpoTtepn nepintwon : k= 110Nk =n - 1 (og kaBe kKANonN).
B QuolaoTika ogv yiveral dlaipeon (povo avadiaTtaén) !
B Partition «BonBasi eAaxioTa» Tov aAyopiBuo.

Tn)=0n)+Tn—-1)+T(1), T(1)=06(1)
T(n)=0n)+60(n—-1)+60(n—2)+ ---+6(1) = O(n?)

O >miyupiotuna nou quicksort xpeialeral xpovo Q(n?);
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Xpovoc EkTeAeoNC

O KaAuTtepn nepintwon : kK = n/ 2 (oe kabe kAnon).
B OuaoiaoTika TeAeia diaipeon !
B Partition «BonBasl Ta peyloTa» !

T(n)=2T(n/2)+6O(n) = T(n) =O(nlogn)
O Av min{k,n —k} > n/4 (nepinou idio pey£Bog)
T(n)=0Mn)+T(n/4)+T(3n/4) = T(n) = O(nlogn)
O XelpoTtepn kal KAAUTEPN NEPINTWON £EAIPETIKA oNAVIEC !

O Av Tuxaio oToixeio pivot,
ni@avornta diaipeonc (n/ 4, 3n/4) n kKaAuTtepnc>1/2 !

1 2 3 4 § 6 7 8 9 10 11 12 13 14 15 16
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MBavoTikn Quicksort

0 Tuyaio oToiXEi0 oav OTOIXEIO Xwplouou (pivot).
O lakabe k € [n— 1),
nBavotnTa diaipeonc (k, n — k) =

1

n—1

randomQuickSort (int A[], int left, int right) ({

if (left >= right) return; // At most 1 element
pivot = random(left, right);

swap (A[left], A[pivot])

q = partition(A, left, right);
randomQuickSort (A, left, q);

randomQuickSort (A, gq+l, right); }
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Xpovoc EkteAeonc (u.n.)

S(n):@(n)jLni 1?[5(/@“5@—1@)]
= o(n n—125

O Auon avadpoung: S(n) = O(nlogn)
AUTOC 0 XpOVOC EKTEAEONC PE peyaAn nmiBavoTnTa !
O MbBavornTta diaipeonc (n/ 4, 3n/4) n kaAutepnc=>1/2 !
B KaTa «Jeco opo», Kabe 2 enineda oto OeVTPOo TNG
avadpounc, EXOUNE «enITuXnUEVN» dlaipeon.
B & kaBe €ninedo, ouvoAIKOC Xpovoc diaipeonc ©(n).

B O(nlogn) and «eniTuxnuevec» dlalpeoelC +
©(nlog n) and «anoTuxnuevec» dlaipeOeEIC.
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Xpovoc EkteAeonc (u.n.)

O TMmBavotnta 01adoXIKEC «anoTUXNMEVES» dlalpedelc > clogn
gival EKOeTIKA Pikpn !
B Xpovoc ekTeAeonc O(nlogn) pe peyaAn mBavornTa !
0 Meon nepintwon 0gv eEapTaTal ano €icodo !
AQopa oTn cUNNEPIPOPA TOU aAyopiBuou.
0 EkBeTika pikpn nibavoTnTa XEIPOTEPNC NEPINTWONC.
B AvaAuon XeIpOTEPNC NEPINTWONC OV £XEI vonua !
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[MBavoTikol AAYOpIBUOI

0 NTETEPUIVIOTIKOI aAyOpIOUOL:
B [IpokaBopiopevn cuUnePIPOPa yia Kabe eigodo.
B Yndapyxel XEIPOTEPN NEPIiNTWON KAl YUropei va oupBei.

O TMiBavoTikoi aAyopiBuotl:
B SupnepIpopa ano €i00d0 KAl TUXAiec eniAoyec.
B Xpnon TuxaloTnTac WOTE XEIPOTEPN NEPINTWON
va oupPaivel e NoAu pikpn niBavornTa.
B [loia €ival n XeipoTepn Nep. yia nibavoTikn quicksort;
B Xpovoc (anodoon) KaTa peon TIUN.
OpBoTNTAa PE NEYAAN NMIBavoTNTA.
B [as-Vegas: anoTeAeopa owoTo, XpOVOC Tuxdia PET/TN.

B Monte-Carlo: xpovoc npokabopiopevoc, pnopei Aadog
anoTeAeopa (aAAG Pe NoAU pikpn niBavoTnTa).
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>uvoyn

0 Quicksort:
B [11B8avoTikoc aAyopiBuoc.
B Xpovoc XeIpoTepNC nep.: O( n?)
B Xpovoc peonc nepintwonc: ©(nlogn)
B Xwpoc: NpakTika in-place.
O Avadpopn kabuoTepei kal anaitei gvnun.
B FEukoAn kal ypnyopn uAonoinon.
B

FpnyopoTepOC aAyopiBuoc otnv npaén (yia n > 30).
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>uvoyn

AAyopi10poc | KaAuTepn Meon XelpoTepn | Xwpoc
BubbleS Q(n) O(n?) O(n?) O(1)
InsertionS Q(n) O(n?) O(n?) O(1)
SelectionS Q(n) O(n?) O(n?) O(1)
HeapS Q(nlogn) |O(nlogn)| O(nlogn) O(1)
MergeS Q(nlogn) |O(nlogn)| O(nlogn) O(n)
QuickS Q(nlogn) | O(nlogn) O(n?) ?
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