
1. UpologÐste to diplì olokl rwma
∫ ∫

D
1

y+3 dx dy ìpou D eÐnai to qwrÐo tou

epipèdou to opoÐo fr�ssetai apo tic kampÔlec me exis¸seic y = x− 6 kai x = y2.

2. UpologÐste to diplì olokl rwma
∫ ∫

D y dx dy ìpou D eÐnai to qwrÐo tou epi-

pèdou to opoÐo fr�ssetai apo tic kampÔlec me exis¸seic y = x/2 kai y = 2x − x2.

3. UpologÐste to diplì olokl rwma
∫ ∫

D xy2 dx dy ìpou D eÐnai to qwrÐo tou
epipèdou to opoÐo fr�ssetai apo tic kampÔlec me exis¸seic y =

√
x, y = −

√
x kai

x = 1.

4. UpologÐste to diplì olokl rwma
∫ ∫

D
ey

x2 dx dy ìpou D eÐnai to qwrÐo tou
epipèdou to opoÐo fr�ssetai apo tic kampÔlec me exis¸seic y = 1/x, y ln (x), x = e
kai x = 5.

5. UpologÐste to epanalambanìmeno olokl rwma∫ 8

0

∫ 2

x1/3

x√
16 + y7

dy dx

6. UpologÐste to �jroisma twn epanalambanìmenwn oloklhrwm�twn∫ 4

2

∫ 1
2

1
y

sin (xy)

x
dx dy +

∫ 16

4

∫ 1√
y

1
4

sin (xy)

x
dx dy

7. UpologÐste to diplì olokl rwma
∫ ∫

D

√
x2 + y2 − 1 dx dy ìpou D eÐnai to

qwrÐo tou �nw hmiepipèdou to opoÐo fr�ssetai apo tic kampÔlec me exis¸seic x2+y2 =
3, x2 + y2 = 4.

8. UpologÐste to diplì olokl rwma
∫ ∫

D
x−y

x2+y2
dx dy ìpou D eÐnai to qwrÐo sto

pr¸to tetarthmìrio tou epipèdou to opoÐo fr�ssetai apo tic kampÔlec me exis¸seic
y = x, y = 0, x + y = 1 kai x2 + y2 = 4.

9. UpologÐste to triplì olokl rwma
∫ ∫ ∫

Ω

√
x2 + y2 dx dy dz ìpou Ω eÐnai to

stereì pou fr�ssetai apo tic epif�neiec z =
√

x2 + y2 kai z = 1.

10. UpologÐste to triplì olokl rwma
∫ ∫ ∫

Ω (1 + x + y + z)−4 dx dy dz ìpou Ω
eÐnai to stereì sto pr¸to ogdohmìrio tou q¸rou pou fr�ssetai apo tic epif�neiec
x + y + z = 1, x + y + z = 2.

11. UpologÐste ton ìgko tou stereoÔ pou fr�ssetai apo tic epif�neiec z =√
x2 + y2 kai z = 6− x2 − y2.
12. UpologÐste to triplì olokl rwma

∫ ∫ ∫
Ω z dx dy dz ìpou Ω eÐnai to stereì sto

pr¸to ogdohmìrio tou q¸rou pou fr�ssetai apo tic epif�neiec x + y = 2, x + 2y = 6
kai y2 + z2 = 4.
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13. UpologÐste to triplì olokl rwma
∫ ∫ ∫

Ω z dx dy dz ìpou Ω eÐnai to stereì

pou fr�ssetai apo tic epif�neiec x2 + y2 + z2 = 8, z =
√

x2 + y2 kai brÐsketai entìc
tou k¸nou.

14. An a > 0, upologÐste to triplì olokl rwma
∫ ∫ ∫

Ω

√
x2 + y2 dx dy dz ìpou Ω

eÐnai to stereì pou fr�ssetai apo tic epif�neiec x2 + y2 = 2ax kai z =
√

x2 + y2.

15. UpologÐste to triplì olokl rwma
∫ ∫ ∫

Ω z
√
x2 + y2 dx dy dz ìpou Ω eÐnai to

stereì ston anw hmiq¸ro pou fr�ssetai apo tic epif�neiec x2 + y2 = 1, z = x, z = 0.

16. UpologÐste to triplì olokl rwma
∫ ∫ ∫

Ω x2 + y2 dx dy dz ìpou Ω eÐnai to
stereì ston anw hmiq¸ro pou fr�ssetai apo tic epif�neiec x = 4, y = 5 z = x kai
z = 0.

17. UpologÐste ton ìgko tou stereoÔ pou brÐsketai ston anw hmiq¸ro, fr�ssetai
apo tic epif�neiec x2 + y2 + z=4 kai x2 + y2 = 2y kai brÐsketai entìc tou kulÐndrou.

18. UpologÐste ton ìgko tou stereoÔ pou fr�ssetai apo tic epif�neiec x2 +y2 = 1
kai x2 + z2 = 1.

19. UpologÐste ton ìgko tou stereoÔ pou brÐsketai sto pr¸to ogdohmìrio kai
fr�ssetai apo tic epif�neiec y = 9− z2 kai x = 3− z.

20. SumbolÐzoume me Ω to stereì pou brÐsketai sto pr¸to ogdohmìrio kai fr�ssetai
apo tic epif�neiec me exis¸seic x = 0, y = 0, z = y kai x + y + z = 1. UpologÐste to
triplì olokl rwma ∫ ∫ ∫

Ω
sin (x + y + z) dx dy dz


