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Apant seic FulladÐou ��AORISTA OLOKLHRWMATA��

1. ∫
1 + sin x

1− cosx
dx = ln

∣∣∣sin(x
2

)∣∣∣ − cot
(x
2

)
+c,

∫
x
√
1− xdx = − 2

15
(3x+2)(1−x)3/2+c,

∫
ex(ln | cosx| − tanx)dx = ex ln | cosx|+ c,

∫
dx

sinx
= ln

∣∣∣tan(x
2

)∣∣∣+ c, .

∫
dx

cosx
= − ln

∣∣∣tan(π
4
− x

2

)∣∣∣+ c.

2. ∫
x cosxdx = cosx+ x sinx+ c,

∫
x sin2 xdx =

x2 − x sin(2x)
4

− cos(2x)

8
+ c,

∫
x cosx cos(2x) =

cos(3x)

18
+

x sin(3x)

6
+

cosx+ x sinx

2
+ c,

∫
x2 sinx cosxdx =

x sin(2x)

4
− cos(2x)

(
x2

4
− 1

8

)
+ c,

∫
lnx

x
√
x
dx = − 2√

x
(1 + lnx) + c,

∫
cos(lnx)dx =

x

2
(cos(lnx) + sin(lnx)) + c,

∫
Arcsinxdx = xArcsinx +

√
1− x2 + c,

∫
x

sin2 x
dx = ln(| sinx|) − x cotx+ c,
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∫
x4

(x2 + 1)2
dx = − x3

2(1 + x2)
+

3x

2
− 3Arctanx

2
+ c,

∫
xArctanxdx =

(1 + x2)Arctanx− x
2

+c,

∫
xArcsinx√

1− x2
dx = −

√
1− x2Arcsinx + x+c.

3. (ii) ∫
sin6 xdx =

5x

16
− 5 sinx cosx

6
− 5 sin3 x cosx

24
− sin5 x cosx

6
+ c,

∫
1

cos6 x
dx =

3 sinx+ 4 cos2 x sinx+ 8 cos4 x sinx

15 cos5 x
+ c.

4. ∫
(1− x)100x2dx = −(1− x)k+3

k + 3
+

2(1− x)k+2

k + 2
− (1− x)k+1

k + 1
+ c, k = 100,

∫
x9√
1− x5

dx = − 2

15

√
1− x5 (x5+2)+c,

∫
dx

x(x7 − 1)
=

1

7
ln |x7 − 1| − ln |x|+c,

∫
x5ex

3

dx =
x3 − 1

3
ex

3

+ c,

∫
e2x

(1 + ex)2
dx = ln(1+ex) − ex

1 + ex
+c,

∫
sin5 xdx = −cos5 x

5
+

2 cos3 x

3
− cosx+c,
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∫
sin(2x) cos2 x

(1 + cos2 x)2
dx = − ln(1+cos2 x) − 1

1 + cos2 x
+c,

∫
e2x cos(ex)dx = cos(ex) + ex sin(ex) +c,

∫
ln(lnx)

x
dx = lnx(ln(lnx) − 1)+c,

∫
sin(
√
x)dx = 2 sin(

√
x) − 2

√
x cos(

√
x)+c,

∫
Arcsin(

√
x)√

1− x
dx = −2

√
1− x Arcsin(

√
x) + 2

√
x+ c.

5.

I =
x − ln | cosx+ sinx|

2
+ c, J =

x + ln | cosx+ sinx|
2

+ c.

6. (ii) ∫
tan4 xdx =

tan3 x

3
− tanx + x + c,

∫
x tan4 xdx = −4

3
ln | cosx| + x tan3 x

3
− tan2 x

6
− x tanx +

x2

2
+ c,

∫
x4Arctanx

x2 + 1
dx =

2 ln(1 + x2)

3
+

x3u(x)

3
− x2

6
− xu(x) +

u(x)2

2
+ c,

ìpou u(x) = Arctan x.
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7. ∫
x3 + x2 + x− 1

(x+ 1)2(x2 + 1)
dx =

ln(1 + x2)

2
+

1

x+ 1
+ c,

∫
x5 + 2

x2 − 1
dx =

3 ln |x− 1| − ln |x+ 1| + x2

2
+

x4

4
+ c,

∫
dx

x4 − 4
=

√
2

16
( ln |x− 1| − ln |x+ 1| − 2Arctanx ) + c.

∫
−x3 + 2x2 − 3x+ 1

x(x2 + 1)2
dx = lnx− 1

2
ln(1 + x2)− 2Arctanx − 2x+ 1

2(1 + x2)
+ c,

∫
x3 + 8

x3 − 2x2 − x+ 2
dx = x − 9

2
ln |x− 1| + 7

6
ln |x+ 1| + 16

3
ln |x− 2|+ c,

∫
x+ 2

(x+ 1)3(x− 2)
dx =

4

27
ln

∣∣∣∣x− 2

x+ 1

∣∣∣∣ +
8x+ 11

18(x+ 1)2
+ c,

∫
3x− 5

(x2 − 2x+ 5)2
dx = −1

8
Arctan

(
x− 1

2

)
− x+ 5

4(x2 − 2x+ 5)
+ c,

∫
dx

x4 + 4
=

1

8

[
ln
x2 + 2x+ 2

x2 − 2x+ 2
+ Arctan(x+ 1) + Arctan(x− 1)

]
+ c.

(Upìdeixh: H an�lush se apl� kl�smata ed¸ mporeÐ na p�rei th morf 

1

x4 + 4
=

Ax+B

x2 + 2x+ 2
+
−Ax+B

x2 − 2x+ 2
, A,B ∈ R.)
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8. ∫
sin5 x

cos4 x
dx = − cosx− 2

cosx
+

1

3 cos3 x
+ c,

∫
sin2 x

cos3 x
dx =

sinx

2 cos2 x
− 1

4
ln

∣∣∣∣1 + sin x

1− sinx

∣∣∣∣+ c,

∫
dx

3 sin2 x+ 5 cos2 x
=

1√
15

Arctan

(√
3 tanx√

5

)
+ c,

∫
cosx

2 cosx+ sinx+ 3
dx = 4 ln(1+y2)−6y+16Arctany−2y2−2y3/3+c, y = tan(x/2),

∫
cos4 x

sin3 x
dx = − cos3 x

2 sin3 x
− 3 cosx

2
+

3

4
ln

∣∣∣∣1 + cos x

1− cosx

∣∣∣∣+ c,

∫
sin5 x cos2 xdx =

2 cos5 x

5
− cos3 x

3
− cos7 x

7
+ c,

∫
dx

sin2 x cos4 x
=

tan3 x

3
+ 2 tanx − 1

tanx
+ c,

∫
sinx

1 + sin x+ cosx
dx =

1

2
[ x/2 − ln | sin(x/2) + cos(x/2)| ] + c

(Upìdeixh: AntÐ thc metatrop c se olokl rwma rht c sun�rthshc, mporeÐte enal-
laktik� na jèsete x = 2t, opìte prokÔptei to olokl rwma I thc �skhshc 5),
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∫
ex

e2x − 4
dx =

1

4
ln

∣∣∣∣ex − 2

ex + 2

∣∣∣∣+ c,

∫
dx√
1 + ex

= ln

(√
1 + ex − 1√
1 + ex + 1

)
+ c,

∫
ex − e−x

ex + e−x
dx = ln(ex + e−x) + c,

∫ √
1 +

1

x
dx =

y

y2 − 1
− 1

2
ln

(
y − 1

y + 1

)
+ c, y =

√
1 +

1

x
.

9.

I + J =
x

8
− sin(4x)

32
+ c, I − J =

sin3(2x)

24
+ c,

I =
x

16
− sin(4x)

64
+

sin3(2x)

48
+ c,

J =
x

16
− sin(4x)

64
− sin3(2x)

48
+ c.


